The aim of this paper is to study the boundedness of Calderón-Zygmund operator and their commutator on Herz Spaces with two variable exponents ( ) ( ) . , . p q . By applying the properties of the Lebesgue spaces with variable exponent, the boundedness of the Calderón-Zygmund operator and the commutator generated by BMO function and Calderón-Zygmund operator is obtained on Herz space.
Introduction
(see [4] ).
Kovácik and Rákosník introduced Lebesgue spaces and Sobolev spaces with
variable exponents (see [5] ). The function spaces with variable exponent has been recently obtained an increasing interest by a number of authors since many applications are found in many different fields, for example, in fluid dynamics (see [6] ), image restoration (see [7] [8] [9] ) and differential equations.
Herz spaces play an important role in harmonic analysis. After they were introduced in [10] , the boundedness of some operators and some characterizations of Herz spaces with variable exponents were studied extensively (see [11] - [16] ). In 2015, Wang and Tao introduced the Herz spaces with two variable exponents ( ) ( ) . , . p q , and studied the parameterized Littlewood-Paley operators and their commutators on Herz spaces with variable exponents in [17] .
In this paper, we will discuss the boundedness of the Calderón 
Definitions of Function Spaces with Variable Exponent
In this section we recall some definitions. Let 
For all compact K ⊂ Ω , the space
The Lebesgue spaces
⋅ Ω is a Banach spaces with the norm defined by 
. The mixed Lebesgue sequence space with variable exponent
. The homogeneous Herz space with variable exponent 
. 
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Properties and Lemmas of Variable Exponent
In this section, we recall some properties and some lemmas of variable exponent belonging to the class
Hence we have ( ) ( )
have that for all functions f and
where
, then there exist constants , .
The Main Theorems and Their Proofs
Theorem 4.1. Suppose that
n n ι α ι − < < with 11 12 , ι ι as defined in Lemma 3.5, then the operator T is bounded from
Proof Let ( ) ,
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We easily see that (
This implies that we only need to prove
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In the above, we use the Proposition 3.2 and Remark 2.2. Since 
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Thus, we prove Theorem 4.1.
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